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Abstract. The main objective of the research project was to derive the equation for calculating the pavement equivalent
E-modulus on the basis of the Falling Weight Deflectometer (FWD) deflection measurement data to be used in the Estonian
Pavement Management System (EPMS) for network and project level analysis so, that the determined values are compara-
ble with the Estonian flexible pavement design procedure 2001-52. In 1999, 32 and in 2001 additional 19 FWD test sites
were chosen on actual pavement structures to perform FWD measurements annually, once or twice per month from early
spring until late autumn. FWD measurement data were analysed mathematically and the results were compared with the
Estonian flexible pavement design procedure.
The research project results in the following:
• The quantitative methodology for evaluating the qualitative characteristics of the pavement is determined on the basis

of the Cobb-Douglas equation, taking into account at a time practically an unlimited number of factors influencing the
pavement structural condition.

• The relationship between the pavement equivalent elastic modulus calculated according to the Estonian flexible pave-
ment design procedure 2001-52 and based on the FWD measured deflection is determined. The equation for calculat-
ing of the pavement equivalent E-modulus on the basis of the FWD deflection data to be used in the EPMS is derived.

The correction factors for the pavement equivalent E-modulus, taking into account the month of the FWD measurement
performance, moisture conditions and road embankment height at the FWD test site, are mathematically based on statistical
data determined for Estonian conditions.

Keywords: flexible pavement, E-modulus, Falling Weight Deflectometer (FWD), Cobb-Douglas equation.

1. Introduction

Since 1996 the Falling Weight Deflectometer (FWD)
is used to characterise the bearing capacity of pavement
structures in Estonia. Pavement equivalent elastic modu-
lus is calculated based on the measured deflection using
the formula, which was developed at the time when the
experience and knowledge about the FWD operation and
performance in Estonia were insufficient. That led to big
differences in the results of the calculated pavement equiva-
lent E-modulus values on the basis of measured deflec-
tions and values calculated using the Estonian flexible pave-
ment design procedure 2001-52 [1]. The main objective of
the research project is to derive an equation for the calcu-

lation of the pavement equivalent E-modulus on the basis
of the FWD deflection measurement data to be used in the
Estonian Pavement Management System (EPMS) for net-
work and project level analysis so that the determined val-
ues were comparable with the Estonian 2001-52 procedure.

In 1999, 32 test sites were selected and in 2001 addi-
tional 19 sites were selected to perform FWD trial meas-
urements on actual pavement structures. Such measurements
were performed annually from early spring until late au-
tumn once or twice monthly. The purpose of the these meas-
urements, performed throughout a year (except for the
period when the road structure is frozen) was to find a cor-
relation between the deflections measured at any time of
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the year and the deflection at the weakest period (usually in
spring just after the road structure had thawed). Also, a need
exists to calculate the pavement equivalent E-modulus val-
ues using FWD deflection measurement data compatible
with the Estonian 2001-52 procedure, as those deflection-
based back-calculated equivalent E-modulus values are used
by the EPMS in the pavement condition evaluation, using
criteria determined by the requirements compatible with
the Estonian 2001-52 procedure.

2. Pavement equivalent E-modulus calculation

The basic equation for back-calculation of pavement
equivalent E-modulus )( eqE  used by the most flexible
pavement procedures is based on the derivation of
Boussinesq's equations [2], which is expressed in the VSN
46-83 (the previous Soviet Union flexible pavement de-
sign procedure, which derivation of the Estonian procedure
2001-52 is) as follows (in the case the loading plate is used
for determining the deflection) [3] (Eq (1)):
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where eqE  – pavement equivalent E-modulus at the centre
of the loading plate, MPa; F – contact pressure under the
loading plate, kPa (measured by the FWD);  S – diameter of
the loading plate, mm (for the Dynatest FWD 8000 device
S = 300 mm); ν  – Poisson's ratio (in Estonian 2001-52 pro-
cedure ν  = 0,3); 0d – deflection at the centre of the loading
plate, mm (measured by the FWD).

2.1. Calculation of pavement equivalent E-modulus
according to the procedure 2001-52 [1]

The VSN 46-83 [3], which is the basis for the proce-
dure 2001-52, includes the equation for the calculation of
the equivalent elastic modulus of consecutive pavement
layers )( *

eqE  (Eq (2)):
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h – thickness of the top layer of the two-layer system, cm;
d – diameter of the tire print, cm; 2E  – (equivalent)
E-modulus of the neither layer of the two-layer system,
MPa; 1E  – E-modulus of the top layer of the two-layer sys-
tem, MPa.

The calculations of the *
eqE  by the equation (2) did not

provide the same results as those performed by the
nomograph presented in the same VSN 46-83. Prof Maano
Koppel from Tallinn University of Technology performed
numerous calculations to adjust the equation (2) to the VSN
46-83 nomograph and suggested the use of the modified
Mazurov's equation (4) for the calculation of the coeffi-
cient mM  for adjusting pavement equivalent elastic modu-
lus:
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As a result, pavement equivalent elastic modulus eqE ,
used in the procedure 2001-52 can be calculated using equa-
tions (2), (3) and adjusted with coefficient mM , calculated
by equation (4):

*
eqmeq EME ×= . (5)

2.2. Influence of different factors on the pavement
E-modulus

2.2.1. Influence of FWD loading time on the pavement
E-modulus

It is established in the VSN 46-83 procedure that the
loading time of the specimen during the laboratory deter-
mination of its E-modulus is 0,1 seconds. The VSN 46-83
procedure also describes the device of dynamic loading of
the pavement (UDN) with the loading time 0,02–0,03 sec-
onds. The loading times of two different E-modulus deter-
mination methods differ about four times. German norms
are stipulating that the loading time during the E-modulus
determination influences the E-modulus value of bitumi-
nous pavements – the FWD deflection based E-modulus
value is to be reduced to achieve the E-modulus value com-
parable with the value determined at the loading time 0,1
seconds, using the correction factor ltK  calculated by [3]:

33,0
1,0








=

t
Klt , (6)

where t – loading time of the FWD, sec.
According to the manufacturer of the Dynatest FWD

8000 device no “definite” procedures for determining the
loading time are available. A method used involves the cal-
culation of a period between two times where the load sig-
nal recorded by FWD passes 5 % of its peak value (Anders
Sorensen, Dynatest Denmark A/S, unpublished data). For
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example, if the load peak value is 746 kPa, 5 % of it is
approx 37 kPa. Using the FWD recorded load development
data imported into the Microsoft Excel file, the table line
numbers closest to 37 kPa are 75 and 195. The difference is
120, and, as FWD is recording load development data after
every 0,2 milliseconds, loading time can be calculated as
120 × 0,2 = 24 msec.

Technical Centre of Estonian Roads Ltd has deter-
mined the loading time of FWD measurements on several
occasions and has found that in all cases the loading time
for the FWD device used is in the range of 0,025–0,027 sec
(Tiit Kaal, unpublished data). Using 0,026 seconds as the
determined average value of the FWD loading time, the
correction factor ltK  calculated by the equation (6) is 1,56.
Taking into account that 56,1=ltK , we can calculate the
pavement equivalent E-modulus using FWD measured de-
flection values by the equation:
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2.2.2. Influence of mean temperature of bituminous
layer on the pavement E-modulus

As the mean temperature of the bituminous layers var-
ies with FWD measurements, and as according to the pro-
cedure 2001-52, the pavement is calculated to the elastic
deformation at the temperature +10 ˚C [1], the E-modulus
value calculated by the equation (1a) is to be corrected with
by temperature correction factor tK . Temperature corrected
pavement equivalent E-modulus:
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2.2.3. Influence of FWD measurement execution time
on the pavement E-modulus

FWD measurements at 51 FWD test sites were per-
formed annually from early spring until late autumn once
or twice during every month. The purpose was to find the
tendency of annual change of the calculated pavement
equivalent E-modulus, based on the deflections measured
with the FWD, and to use the possible existing relationship
to transfer the deflection measured at any time of the year
and the calculated pavement equivalent E-modulus to the
value corresponding to the weakest period of the pavement
structure (usually in spring after thawing).

To decrease the variance of different years and to find
the annual seasonal pavement equivalent E-modulus cor-
rection factor to the weakest period, every year the mini-
mum value of calculated pavement equivalent E-modulus
is to be determined. The determined annual minimum value
of the calculated pavement equivalent E-modulus is to be

used for calculating the annual seasonal pavement equiva-
lent E-modulus correction factors to the weakest period by
dividing the calculated pavement equivalent E-modulus
value, measured on different dates, with the determined
minimum value of the year, when FWD measurements took
place:

eqMIN

eq
D

E

E
K = , (7)

where DK  – seasonal pavement equivalent E-modulus cor-
rection factor; eqE  – pavement equivalent E-modulus at
the centre of the loading plate, (MPa) (measured during the
measurement season from spring until late autumn);

eqMINE  – annual minimum value of the pavement equiva-
lent E-modulus at the centre of the loading plate, MPa (usu-
ally measured in spring).

2.2.4. Influence of FWD measurement site moisture
conditions and embankment height on the pavement
E-modulus

Strength characteristics of soils (E-modulus, angle of
internal friction and cohesion) are dependant on their mois-
ture content and, as a result of this influence, also on the
value of the whole pavement E-modulus. By the Estonian
pavement design norms [4], there are three different mois-
ture condition area types (Table 1).

Also it is found by the author [5] that the FWD test
site embankment height has a significant influence on the
FWD based pavement equivalent E-modulus value com-
parability to the pavement equivalent E-modulus value cal-
culated by the 2001-56 procedure [3] – consideration of
the embankment height at FWD test site is improving the
determination coefficient )( 2R  by 10 %.

2.3. Conclusion

The back-calculated pavement equivalent E-modulus
at the centre of FWD loading plate compatible with the
procedure 2001-52 )( 522001−eqE  depends on numerous fac-
tors such as loading time of the FWD device, mean tem-
perature of the bituminous layer at the moment of FWD
measurement, date of FWD measurement, test site mois-
ture conditions and embankment height. All these factors
change the value of back-calculated pavement equivalent
E-modulus. As the analysis above shows, the determina-
tion of the individual influence of those different factors on
the value of pavement equivalent E-modulus is quite am-
biguous and does not always provide the expected result
with a satisfactory correlation. Thus, a simplification is to
be achieved trying to take the influence of all separate fac-
tors into account at once.
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3. Determination of pavement equivalent E-modulus

525252522001200120012001−eqeqeqeqEEEE  comparable with the procedure 2001-52
using the FWD deflection measurement data and the
theory of Cobb-Douglas

3.1. Implementation of the production function of
Cobb-Douglas for determining the pavement equiva-
lent E-modulus based on the FWD measurement data

As it was previously concluded, we should find an
approach to the calculation of the pavement equivalent
E-modulus on the basis of the FWD deflection measure-
ment data. To achieve this, quite a large amount of vari-
ables, influencing the pavement equivalent E-modulus, is
to be handled at once.

The production function of Cobb-Douglas (Eq (8)) [6]
used in economics suits very well for that purpose as it ena-
bles to take into account a large number of variables influ-
encing the calculable value. The equation

n
a
n

aa
xxxay ××××= ...

21

210
(8)

can be expressed in the form

nn xaxaxaay log...loglogloglog 22110 ++++= , (8a)

where y – calculable value; naa ...0  – constants; nxx ...1  –
variables influencing the calculable value.

Using similarity, we can express the pavement equiva-
lent E-modulus comparable with the procedure 2001-52

)( 522001−eqE  in the form
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where eqE  – pavement equivalent E-modulus at the centre
of the FWD loading plate, MPa (calculated by equation (1));

naa ...0  – constants to be determined; nxx ...1  – variables

influencing the calculable value (for example, date of FWD
measurement, water condition area type of measurement
site, height of embankment etc).

The equation for calculating the pavement equivalent
E-modulus comparable with the procedure 2001-52, tak-
ing into account possible different known influencing vari-
ables, can be written in the form:

ji
te

eqeq HMTECE ××××=
−522001 , (10)

where eqE  – pavement equivalent E-modulus at the centre
of the FWD loading plate, MPa (calculated using equation
(1)); T – mean temperature of the bituminous pavement at
the moment of FWD measurement, ̊ C; teC ,,  – constants;

iM  – factor taking into account the month when FWD
measurement is performed (i = 4, …, 10, April – October);

jH  – factor taking into account the height of embankment
at the FWD measurement site (j = < 0,5m; 0,5–1 m; > 1 m).

Constants teC ,,  and factors iM , jH  can be deter-
mined using the Linest function of the Microsoft Excel,
which returns an array that describes a straight line

)( baxy +=  that best fits the data, calculated by the least-
squares method. Results of the Linest function use are pre-
sented in Table 2.

Regression equation is generally expressed in the form

nn xaxaxaby ++++= ...2211 , (11)

where 121 , , ... ,, aaaa nn −  and b  – empirical parameters
found with the Linest function; 121 , , ... ,, sesesese nn −  and

bse  – standard deviation values of the parameters

121 , , ... ,, aaaa nn −  and b; 2R  – determination coefficient,
indicating the range of influence of independent variables
on dependent variables; yse  – standard deviation of the
variable y; F – value of the Fisher's statistic for evaluating
the reliability of relation between independent and depend-

Table 1. Characterisation of area types by moisture conditions [4]
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Presence of just one of the area type features (except for soil type) is determining the area type number
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ent variables; fd  – number of freedom degrees; regss  –
sum of regression squares; residss  – sum of residual
squares.

To calculate the values presented in the Eq (10) by
Linest function it is to be rewritten in the form of Eqs (11)
and (8a):

,loglog

loglogloglog 522001

jjii

eq

xhxm

TtEeCE

+

+++=−

(12)

where 10=ix  for the month i ( 10 , ... ,4=i ) when the FWD
measurement took place ( 110log = ) and 1=ix  for all other
months used in analysis ( 01log = ); 10=jx  for the em-
bankment height at the FWD test site matching to the de-
termined range (< 0,5 m; 0,5–1 m; 1–1,5 m or > 1,5 m) and

1=jx  for all other determined ranges of embankment
heights used in analysis; 522001−eqE  – pavement equiva-
lent E-modulus calculated using the 2001-52 procedure,
MPa (known y values in the relationship baxy += ); eqE  –
pavement equivalent E-modulus at the centre of the FWD
loading plate, MPa (calculated by the equation (1)); T –
mean temperature of the bituminous pavement at the mo-
ment of FWD measurement, ˚C; kji whmteC ,,,,,log  –
constants, which are determined by the Linest function of
Microsoft Excel.

The factors iM , jH  and the constant C in the equa-
tion (10) can be calculated using the values of constants

Cwhm kji log,,,  determined by the Linest function:

i
m

iM 10= ,  jh
jH 10= ,  C

c
log

10= . (13)

3.2. Determination of factors and constants for
different pavement conditions

Chosen 51 FWD test sites can be divided into groups
based on the:

• Moisture condition area type:
– 1st type – 20 test sites;
– 2nd type – 21 test sites;
– 3rd type – 6 test sites.

• Pavement type:
– asphalt concrete (AC) with thickness 130–
160 mm – 7 test sites;
– asphalt concrete (AC) with variable thickness –
6 test sites;
– asphalt concrete + bitumen-stabilised base
(AC + BS) with variable thickness – 20 test sites;
– Cold bituminous mix (CBM) pavements with
variable thickness – 6 test sites.

From FWD test sites grouped by the moisture condi-
tion area type, 4 test sites were left out from analyses as the
moisture condition area type was not clearly defined and
from test sites grouped by the pavement type were elimi-

nated 12 test sites because of the variable nature of the pave-
ment structure.

Initial FWD measurement data of different test site
groups were processed with the Linest function of the
Microsoft Excel and the reliability of results evaluated us-
ing values of the determination coefficient )( 2R , Fisher
criteria (F) and Student t-criteria.

As a result of the initial data analyses, values of cons-
tants Cte ,,  and factors iM , jH  to be used in the equa-
tion (10) for calculating the pavement equivalent E-modu-
lus comparable with the procedure 2001-52 were determined
(Table 3).

3.3. Calculation of pavement equivalent E-modulus
using FWD measurement data and determined factors
and constants

Using the values presented in Table 3 and the Eq (10),
it is possible to calculate the value of pavement equivalent
E-modulus comparable with the value of the pavement
equivalent E-modulus calculated by the procedure 2001-52

).( 522001−eqE  Comparison of pavement equivalent
E-modulus values at FWD test sites calculated using the Es-
tonian 2001-52 procedure )( 522001−E  and equation (10)

)( 522001−eqE  is presented in Fig 1.
We have to bear in mind that there will always exist

the difference between the back-calculated pavement
equivalent E-modulus at the centre of the FWD loading
plate, compatible with the procedure 2001-52 )( 522001−eqE

and the pavement equivalent E-modulus calculated accord-
ing to the procedure 2001-52 )( 522001−E  as the 2001-52
procedure is fully based on the theoretical characteristics
of pavement materials. At the same time, the back-calcula-
tion of pavement equivalent E-modulus at the centre of
FWD loading plate is based on the realistic pavement de-
flection data under a certain load at a certain pavement con-
dition at the time of the FWD measurement. The question
is – how close can we get or what value of the determina-
tion coefficient (R2) between those two pavement equiva-
lent E-modulus values ( 522001−eqE  and 522001−E ) we will
reach.

Table 2. Linest overall printout [7]
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Table 3. Values of constants Cte ,,  and factors iM , jH  to be used in the Eq (10) for determining the pavement equivalent E-modulus
comparable with the procedure 2001-52

Fig 1. Comparison of pavement equivalent E-modulus values calculated using the procedure 2001-52 ( 522001−
E ) and the Eq (10)

(
522001−eqE ) according to the FWD test site moisture condition area type and pavement type (using factors and constants from Table 3)

(–) insufficient initial data; AC – asphalt concrete with a variable thickness; AC 130–160 mm – asphalt concrete with thickness 130–

160 mm; AC + BS – asphalt concrete + bitumen-stabilised base with a variable thickness; CBM – cold bituminous mix pavements with

a variable thickness.
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4. Conclusions

1.On the basis of the Cobb-Douglas equation a quan-
titative method for evaluating the qualitative characteris-
tics of the pavement (Eq (10)) was developed, which can
be used for the calculation of the pavement equivalent E-
modulus to be used in the Estonian Pavement Management
System for an objective evaluation of the structural condi-
tion of a pavement.

2.For the following qualitative variables, influencing
the pavement equivalent E-modulus calculated on the ba-
sis of the FWD deflection measurements and comparable
with the procedure 2001-52, values of correction factors of
pavement equivalent E-modulus were calculated for dif-
ferent pavement moisture condition area types and pave-
ment types (Table 3): month when the FWD measurement
took place ( iM ); embankment height ( jH ) on the FWD
measurement site.

3.For the following quantitative variables, influenc-
ing the value of pavement equivalent E-modulus, compa-
rable with the procedure 2001-52, values of empirical con-
stants were calculated for different pavement moisture con-
dition area types and pavement types (Table 3): pavement
equivalent E-modulus at the centre of the FWD loading
plate calculated by the Eq (1) (e); mean temperature of the
bituminous pavement at the moment of FWD measure-
ment (t).
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